Fluid mixing plays an essential role in microscale flow systems. Here, we propose an active mixing approach which enhances the mixing of viscoelastic fluid flow in a simplified pore T-junction structure. Mixing is actively controlled by modulating the driving pressure with a sinusoidal signal at the two inlets of the T-junction. The mixing effect is numerically investigated for both Newtonian and viscoelastic fluid flows under different pressure modulation conditions. The result shows that a degree of mixing as high as 0.9 is achieved in viscoelastic fluid flows through the T-junction mixer when the phase difference between the modulated pressures at the two inlets is 180 • . This modulation method can also be used in other fluid mixing devices.
Introduction
Mixing processes aim to generate a homogenous solution of multiple components in natural and engineering flows [1, 2] . Such processes have been widely applied in chemical analysis [3, 4] , biological analysis [5, 6] , heat and mass transfer for microfluidic devices [7, 8] , fluid dynamic analysis in a porous medium [9] [10] [11] [12] , and numerous relevant small-scale research areas [13] [14] [15] . Efficient mixing is often desired for complete interaction within multicomponent systems, microreaction platforms, and mixing and transfers of small volumes at pore-scales [16, 17] . Mixing can be accomplished through chaotic flow or a turbulent flow [8, 18, 19] ; however, due to the small-scales, such flows are difficult to achieve in microfluidic systems. The realization of turbulent flow in microchannels is much more complex and challenging than in larger tubes or in open space, where the flow rate is severely limited by the driving pressure. At low flow rates, where flows are often in the laminar, low Reynolds number regime, mixing must rely on molecular diffusion between the different fluid layers, the thicknesses of which are much larger than the characteristic diffusion length. Thus, instead of relying on inertial effects, other strategies to induce mixing, like introducing the elastic effect at microscale laminar flow, may enhance the mixing effect [20] .
Numerical Schemes

Computational Model of T-Junction Micromixer
The computational model used in this study to simulate the T-junction micromixer is shown in Figure 1 . Fluid components of different concentrations flow into two inlets I 1 and I 2 from both sides of the junction and convergence begins at the junction point X. Then, the mixing fluid flows through a narrow converging channel that feeds into an expanded mixing channel where the two fluids will mix with each other. The component concentration at a cross section S in the mixing channel is monitored to determine the mixing efficiency. The length and width of the inlet channels are L 0 = 20 and W 0 = 1, respectively, while the converging channel has dimensions of L 1 = 6 and W 1 = 0.5 and the mixing channel has L 2 = 20 and W 2 = 6. The micromixer structure has a depth of d = 1, and the outlet is set at the end of the mixing channel. 
Governing Equations
Flows in the T-junction micromixer were investigated using a solver based on the open-source software OpenFoam. The velocity, pressure, and concentration fields were numerically simulated based on the fundamental governing equations. The continuous equation and Navier-Stokes (N-S) equation were applied to solve the incompressible Newtonian fluid flow:
where U represents the velocity vector of flow; p is the pressure; is the density; and is the dynamic viscosity of the fluid.
The convection-diffusion equation was applied to solve the component concentrations in the flow:
where C is the component concentration of the fluid and D is the diffusion coefficient of fluid. For the incompressible viscoelastic fluid flow, the N-S equation is modified as:
where p  is the elastic stress, which can be derived from the constitutive equation of viscoelastic fluid. The constitutive equation describes the relation between molecule deformation and elastic stress in the fluid:
where kB is the Boltzmann constant; T is the absolute temperature of the fluid; f r   is the Peterlin function; C is the conformation tensor of polymer molecules; and is the Kronecker symbol for the unit tensor. The constitutive equation is further derived from Equation (5) as:
where p  is the solute viscosity and  is the relaxation time of the solution. The transport equation of the conformation tensor is then expressed as: 
where U represents the velocity vector of flow; p is the pressure; ρ is the density; and µ is the dynamic viscosity of the fluid. The convection-diffusion equation was applied to solve the component concentrations in the flow:
where τ p is the elastic stress, which can be derived from the constitutive equation of viscoelastic fluid. The constitutive equation describes the relation between molecule deformation and elastic stress in the fluid:
where k B is the Boltzmann constant; T is the absolute temperature of the fluid; f (r) is the Peterlin function; C is the conformation tensor of polymer molecules; and I is the Kronecker symbol for the unit tensor. The constitutive equation is further derived from Equation (5) as:
where η p is the solute viscosity and λ is the relaxation time of the solution. The transport equation of the conformation tensor is then expressed as:
where α is a parameter that relates to the anisotropy of drag encountered by flowing polymer segments [54] . Different f (r) and α are selected in different constitutive models. Here, we assumed that the viscoelastic fluid is linearly extended during the flow, so that f (r) = 1 and α = 0. This satisfies the flow situation of a Boger fluid in the Oldroyd-B constitutive model. Therefore, Equations (6) and (7) are simplified as:
Moreover, in order to gain more universal computational results, the dimensionless governing equations were used based on the following:
where H is the hydraulic diameter of the channel; U i is the center velocity of the fluid at the inlet channel; ρ is the fluid density; and C is the component concentration in the fluid. We defined the dimensionless Reynolds number Re and Schmidt number Sc as:
where ν is the kinematic viscosity of the fluid. The dimensionless governing continuous equation and the N-S equation can then be expressed as:
and the convection-diffusion equation is expressed as:
Meanwhile, for a viscoelastic fluid, we defined the dimensionless parameter Weissenberg number Wi and the viscosity ratio β as:
where λ is the relaxation time of the viscoelastic fluid; η p is the solute kinetic viscosity; η s is the solvent kinetic viscosity. Thus, the dimensionless N-S equation for viscoelastic fluid flow and the conformation tensor transport equation are modified as:
For both Newtonian fluid and viscoelastic fluid cases, the dimensionless density, dimensionless viscosity, and Re were all set at 1.0, while Sc was set at 10 −8 . In addition, in the viscoelastic fluid case, the dimensionless relaxation time λ was set at 5.0, the dimensionless solution viscosity was set at 0.4, and dimensionless solvent viscosity was set at 0.6.
Numerical Methods
In this work, the fluid in the micromixer initially had a component concentration of 0. The dimensionless component concentration C 1 was 0 for the fluid entering through inlet I 1 , while C 2 = 1 for the fluid entering through inlet I 2 . The driving pressure is P 1 at inlet I 1 and P 2 at inlet I 2 . The no-slip condition was imposed on all channel surfaces, and a fully developed flow condition was used at the mixer outlet.
The first-order Euler implicit scheme was used for time marching in the unsteady transport equations of Equations (14), (16) , and (17), with a small dimensionless time step δt = 10 −3 . The convection terms in Equations (14) and (16) were discretized by the QUICK scheme, while the bounded MINMOD scheme was used to discretize the convection terms in Equation (17) . Pressure-velocity coupling was handled by the PISO algorithm.
The Definition of Mixing Efficiency
Given component concentrations C 1 = 0 and C 2 = 1, a full mixing of the two fluids will result in a concentration of 0.5 when two averaged flow rates are the same. The degree of mixing is calculated by taking the standard deviation of concentration at all meshed points in cross-section S, defined as:
where N is the number of meshed points in the cross-section; x i is the concentration at point i; and E is the full mixing concentration, which is 0.5. Equation (18) is valid if the fluid density at each mesh point is the same. However, the flow rate is higher at the center of the channel and lower at the channel sides due to the no-slip boundary condition and fluid viscosity. Therefore, the deviation needs to be adjusted as:
where V i is the velocity at the mesh point i and V mean is the average velocity in cross-section S. B ranges from 0 to 0.5, where B = 0 means full mixing while B = 0.5 indicates no mixing. We then define the degree of mixing as:
Therefore, M = 1 indicates full mixing, while M = 0 when no mixing occurs. We will use this index to present the mixing efficiency in the following sections.
Results and Discussion
Mixing in Condition of Constant Pressure
We first investigated fluid mixing in the T-junction micromixer when both inlets I 1 and I 2 are under the same constant pressure P 0 = 3500. Figure 2a ,b compare the component concentration distribution in the Newtonian fluid and viscoelastic fluid cases after the fluid has flowed in the micromixer for a long time (t = 120). The color map indicates the normalized component concentration (red represents C = 1 and blue represents C = 0). It can be seen that the two injected fluids are well separated in the converging channel. In the mixing channel, green appears at the center area along the flow direction. The concentration gradually changed between 0 and 1 and reached 0.5 in the center, indicating a high mixing here. Compared to the Newtonian fluid case, the mixing area is larger in the viscoelastic fluid. Since the simulation conditions for two fluids were identical except that the viscoelastic fluid had a nonzero elasticity, the improvement in mixing must originate from elastic stress in the viscoelastic fluid. is larger in the viscoelastic fluid. Since the simulation conditions for two fluids were identical except that the viscoelastic fluid had a nonzero elasticity, the improvement in mixing must originate from elastic stress in the viscoelastic fluid. The elastic stress effect was further confirmed by investigating the flow streamlines and fluid angular velocity, as shown in Figure 3 . In the Newtonian fluid case, the streamlines bend 90° downward at the convergence point and there is no angular velocity in the flow. By contrast, the streamlines in viscoelastic fluid in the same region first bend up slightly before bending down. A nonzero angular velocity is observed in the narrow channel, indicating convection of two viscoelastic fluids and more significant mixing. The degree of mixing M was analyzed at the cross-section S, which was set at a distance of Ls = 12 below the channel expansion point. For both cases, M increases until it becomes stable starting from t = 80, but their magnitudes differ: M plateaus at 0.15 for the Newtonian fluid case and 0.25 for the viscoelastic fluid case, as shown in Figure 4 . This quantitatively shows that mixing was improved in viscoelastic fluid case. The elastic stress effect was further confirmed by investigating the flow streamlines and fluid angular velocity, as shown in Figure 3 . In the Newtonian fluid case, the streamlines bend 90 • downward at the convergence point and there is no angular velocity in the flow. By contrast, the streamlines in viscoelastic fluid in the same region first bend up slightly before bending down. A nonzero angular velocity is observed in the narrow channel, indicating convection of two viscoelastic fluids and more significant mixing. The degree of mixing M was analyzed at the cross-section S, which was set at a distance of L s = 12 below the channel expansion point. For both cases, M increases until it becomes stable starting from t = 80, but their magnitudes differ: M plateaus at 0.15 for the Newtonian fluid case and 0.25 for the viscoelastic fluid case, as shown in Figure 4 . This quantitatively shows that mixing was improved in viscoelastic fluid case.
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Mixing in Single-Side Pressure Oscillation
We modulated the driving pressure P1 at inlet I1 with a sinusoidal factor while keeping the pressure P2 at inlet I2 constant:
where A and f are the amplitude and frequency of the modulating signal, respectively. A, f, and P are all dimensionless. A was set at 0.8 to ensure a large pressure modulation while keeping the absolute pressure positive during the driving process. f was set at 1. P0 was the same as that in the constant pressure case, 3500. The change in the degree of mixing in cross-section S within one period was studied when pressures in Equation (21) were applied to the viscoelastic fluid case. Under the above driving pressure, the concentration distributions at t = 120 in the Newtonian fluid and viscoelastic fluid cases are shown in Figure 5 , respectively. The transition region between the blue (low concentration) and red (high concentration) fluids expanded significantly when the pressure was modulated compared to when the pressure was constant, indicating that pressure modulation greatly improves mixing efficiency. Meanwhile, the concentrations in the converging channel were no longer uniformly distributed along the channel due to the pressure changes over time. At times P1 < P2, higher concentration fluid from inlet I2 will enter the converging channel. The converse happens when P1 > P2. In other words, the two fluids will alternatively enter the mixing channel in larger amounts. Due to the large width of the subsequent expanded channel, the small amounts of fluids introduced during one pressure cycle will start to expand and convect with each other. In this way, better mixing can be realized. In addition, we can also see that the larger discontinuous portion of fluid alternated more in the converging channel for the viscoelastic fluid case compared to the Newtonian fluid case, which indicates a higher mixing efficiency in the viscoelastic fluid. This was confirmed by investigating the degree of mixing at the cross-section S for both fluids. 
We modulated the driving pressure P 1 at inlet I 1 with a sinusoidal factor while keeping the pressure P 2 at inlet I 2 constant:
where A and f are the amplitude and frequency of the modulating signal, respectively. A, f, and P are all dimensionless. A was set at 0.8 to ensure a large pressure modulation while keeping the absolute pressure positive during the driving process. f was set at 1. P 0 was the same as that in the constant pressure case, 3500. The change in the degree of mixing in cross-section S within one period was studied when pressures in Equation (21) were applied to the viscoelastic fluid case. Under the above driving pressure, the concentration distributions at t = 120 in the Newtonian fluid and viscoelastic fluid cases are shown in Figure 5 , respectively. The transition region between the blue (low concentration) and red (high concentration) fluids expanded significantly when the pressure was modulated compared to when the pressure was constant, indicating that pressure modulation greatly improves mixing efficiency. Meanwhile, the concentrations in the converging channel were no longer uniformly distributed along the channel due to the pressure changes over time. At times P 1 < P 2 , higher concentration fluid from inlet I 2 will enter the converging channel. The converse happens when P 1 > P 2 . In other words, the two fluids will alternatively enter the mixing channel in larger amounts. Due to the large width of the subsequent expanded channel, the small amounts of fluids introduced during one pressure cycle will start to expand and convect with each other. In this way, better mixing can be realized. In addition, we can also see that the larger discontinuous portion of fluid alternated more in the converging channel for the viscoelastic fluid case compared to the Newtonian fluid case, which indicates a higher mixing efficiency in the viscoelastic fluid. This was confirmed by investigating the degree of mixing at the cross-section S for both fluids. Processes 
Mixing in Double-Sided Pressure Oscillation
Since a single inlet modulation improves mixing, we next investigated the effect of modulating the driving pressure at both inlets. Here, we modulated both driving pressures P1 and P2 with sinusoidal signals of the same amplitude A and frequency f, but with independent phase delays φ1 and φ2:
and we examined the dependence of mixing on A, f, and Δφ = φ1 − φ2, the phase difference between the two pressures. Setting A = 3500 and f = 1, the concentration distribution of viscoelastic fluid when Δφ varies from 0 to π was investigated at t = 120, shown in Figure 8 . The high and low concentration fluids are symmetrically distributed on both sides of the T-junction when Δφ = 0 (Figure 8a ) because the driving pressure at both inlets is always the same. Only very small amounts of the two fluids mix with each other along the center of the channel. However, the distribution symmetry is broken as Δφ starts to increase. A small fluctuation of the fluids in the converging channel was observed when Δφ = π/6, and it was magnified at the expansion point when the fluids entered the expanded channel, as shown in Figure 8b . As a consequence, the size of the mixing region starts to increase. As Δφ is increased to π/3, the two fluids start to alternate along the converged channel (Figure 8c ) and the blue and red flows start to become discontinuous at the expansion point. Furthermore, the green region increases, while narrow streams of the low and high concentration fluids remain observable near the left and right sidewalls, respectively. As Δφ is further increased to π/2 (Figure 8d) , the green region occupies most of the expansion channel, and isolated spots of unmixed fluid appear at the expansion point, as shown in the insert of Figure 8d . This means that the instantaneous pressure difference between the two inlets was large enough to allow the fluids to enter the converged channel separately. For Δφ between 2π/3 to π (Figure 8e-g ), the green region occupies almost all of the expansion channel, indicating good mixing. The degree of mixing for different Δφ is plotted in Figure 9 . When Δφ = 0, the mixing degree stabilizes at 0.2 after t = 20. The stabilization time t increases to 40, 60 and 80 for Δφ of π/6, π/3, and π/2, respectively, and the corresponding maximum degrees of mixing increase to 0.45, 0.63 and 0.73, respectively. The degree of mixing reaches a system-wide maximum value of 0.82 when Δφ = π. A phase difference of π maximizes the difference in the amount of fluid entering from 
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At a higher frequencies, less fluid will enter the converged channel during each period. As shown in Figure 10a ,b, the component mixing maps are compared for the viscoelastic fluid case when f = 1 and f = 1.5, respectively, with fixed parameters A = 3500 and Δφ = π. The green region shrinks significantly when f increases from 1 to 1.5. In addition, larger regions of unmixed fluid occupy the left and right sides of the expanded channel. This indicates that a higher modulating frequency undermines the mixing effect. This can be better understood by looking at the concentration distributions in the inlets and in the converging channel. At time t = 120, the pressure at inlet I2 is higher than that at inlet I1, and more of the red fluid will be injected. At a lower modulating frequency, the difference in the amount of fluid flowing into the converging channel from each side is larger in each cycle; this can be observed in the converging channel and results in a higher mixing efficiency overall. The final degrees of mixing, which increase from 0.61 to 0.90 as the pressure oscillation frequency decreases from f = 2 to f = 0.5, are shown in Figure 11 . each inlet at any instant in time. The fluid volumes alternate during each period, and this alternating fluid pattern expands in the wide mixing channel. As a result, the diffusion area is increased. By contrast, when Δφ = 0, the fluids from the inlets flow side by side along the channel direction and the diffusion area is only along the length of the center line. Figure 9 . Degree of mixing in viscoelastic fluid case under modulated pressure at both inlets with phase difference from 0 to π.
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Experimental Results
To validate the results of the simulations, the mixing efficiency was experimentally studied here in a PDMS-glass bonded microfluidic chip, as shown in Figure 13a . A mold for the PDMS structure was fabricated from SU8 photoresist on a silicon wafer using a standard photolithography process. The PDMS is a mixture of base and crosslinker with a ratio of 10:1. It was poured on the SU8 mold and cured at 65 • C for 4 h. To complete the chip, the cured PDMS was bonded to a glass slide after oxygen plasma treatment. The size of the microchannel was scaled to 100 µm based on the model in Figure 1 . The length and width of the inlet channel were L 0 = 2 mm and W 0 = 100 µm, respectively. The converging channel was L 1 = 600 µm in length and W 1 = 50 µm in width. The mixing channel was L 2 = 2 mm in length and W 2 = 600 µm in width. The entire micromixer structure had a depth of d = 100 µm, and the outlet was directly at the end of the mixing channel.
A Newtonian glycerol solution was injected into the two inlets of the T-junction mixer. The fluid at one inlet contained 10 µg/mL of Rhodamine B, while the other did not, so the mixing degree could be determined by quantifying the Rhodamine B concentration. With the limit of one programmable pump (PHD ULTRA TM 4400), we fixed the flow rate at 500 µL/h on one inlet, and modulated the flow rate on the other side under three different conditions: (i) Constant flow rate of 500 µL/h; (ii) alternating flow rate between 0 and 1000 µL/h at a frequency f = 0.5 Hz and duty cycle of 50%; (iii) alternating flow rate between 0 and 1000 µL/h at a frequency f = 0.1 Hz and duty cycle of 50%. The recorded flow pattern is shown in Figure 13b . The color map represents the Rhodamine B concentration, which is normalized from 0 to 1: Yellow denotes a concentration of 1 and blue, a concentration of 0. For case (i), the flow rates at both inlets were the same constant value and the mixing region was narrow, indicating a small degree of mixing. For case (ii), the mixing region was increased when the flow rate on one side alternated at f = 0.5 Hz. The mixing region was further increased when the frequency decreased to 0.1 Hz in case (iii). According to the normalized concentrations of Rhodamine B, the degree of mixing at different flow distances along the channel is calculated using Equation (20) and plotted in Figure 13c . The origin indicates the point at which the fluid enters the mixing channel. The degree of mixing gradually increases with the flow distance, and stabilizes at 0.20 for case (i), 0.25 for case (ii), and 0.37 for case (iii). This experimentally demonstrates the enhancement in mixing when the flow is modulated on one side compared to having a constant driving flow at both sides, which agrees well with the simulation results. This also confirms that mixing is increased as the alternating frequency decreases. calculated using Equation (20) and plotted in Figure 13c . The origin indicates the point at which the fluid enters the mixing channel. The degree of mixing gradually increases with the flow distance, and stabilizes at 0.20 for case (i), 0.25 for case (ii), and 0.37 for case (iii). This experimentally demonstrates the enhancement in mixing when the flow is modulated on one side compared to having a constant driving flow at both sides, which agrees well with the simulation results. This also confirms that mixing is increased as the alternating frequency decreases. 
Conclusions
In conclusion: A T-junction micromixer was modeled, and mixing efficiencies were numerically compared for both a Newtonian fluid and a viscoelastic fluid as a function of driving pressure amplitude and modulation frequency. The degree of mixing is higher in a viscoelastic fluid than in a Newtonian fluid due to elastic stress in the viscoelastic fluid. Different modulations of the driving pressures at each inlet of the micromixer were explored. Under constant driving pressures, the degree of mixing was relatively low, 0.15 for the Newtonian fluid case and 0.25 for the viscoelastic fluid case. When the driving pressures were modulated with a sinusoidal factor at one inlet while being held constant at the other, the degree of mixing increased to 0.62 and 0.67 for the Newtonian fluid and the viscoelastic fluid, respectively. When the driving pressures at both inlets of the micromixer were modulated with a sinusoidal factor, the mixing efficiency could be increased significantly by controlling the phase difference between the modulated pressures. The degree of mixing reached a 
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When the driving pressures were modulated with a sinusoidal factor at one inlet while being held constant at the other, the degree of mixing increased to 0.62 and 0.67 for the Newtonian fluid and the viscoelastic fluid, respectively. When the driving pressures at both inlets of the micromixer were modulated with a sinusoidal factor, the mixing efficiency could be increased significantly by controlling the phase difference between the modulated pressures. The degree of mixing reached a maximum value of 0.82 using a viscoelastic fluid with a phase difference of π. Mixing enhancement arising from a low-frequency, single-inlet alternating modulation of the flow rate was experimentally demonstrated for a Newtonian glycerol solution. The method of modulating the driving pressure to enhance mixing may have potential applications in chemical engineering and in flow through porous media.
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